The purpose of this paper is to show the convergence theorems for generalized asymptotically nonexpansive mappings and asymptotically nonexpansive mappings in Banach spaces by using a new iteration which is a natural generalization of the implicit iteration. In the meantime, we give the necessary and sufficient conditions of the strong convergence to approximate a common fixed point and modify some flaw in the results of Thakur [11] . As one will see, the results presented in this paper are an extension of the corresponding results [8, 11] .
Introduction
Let X be a real Banach space and K a nonempty closed convex subset of X . Let 1 N respectively. If Fix(T) in (1.1) and (1.3), then from (1.1) and (1.3) implies that (1.2) and (1.4) hold respectively. Furthermore, the class of generalized asymptotically (quasi-)nonexpansive mappings include the class of asymptotically (quasi-)nonexpansive mappings and the inclusion is proper (see example [4, 8] ). There have many papers in the literature dealing with the approximation of fixed points for several class of nonlinear mappings (see [1] [2] [3] [4] [5] [6] [7] [8] [9] [10] [11] [12] [13] ).
In 2001, Xu and Ori [12] first introduced an implicit iteration: For any 0 x K , the sequence n x can be generated in the following compact form as follows: Using the implicit iterative process, they proved the weak convergence theorems of approximation to a common fixed point of the finite family of nonexpansive mappings in Hilbert spaces. In 2003, Sun [10] defined a modified implicit iteration: For any 0
x K , the modified implicit iterative process can be given in the following compact form:
be a real sequence in [0, 1] . Using the modified implicit iterative process, Sun [10] proved strong convergence theorems of approximation to a common fixed point for a finite family of asymptotically quasi-nonexpansive self mappings and obtained the sufficient and necessity of strong convergence.
Recently, Shahzad and Zegeye [8] extended the results in [10, 12] 
Let the sequence n x be defined by (1.7) satisfying the conditions:
i . , then three results of Lemma can not be obtained.
In this paper, we introduce and study a new type of iterative sequence: Let K be a nonempty closed convex subset of X with K K K . For any 0 x K , the sequence n x is generated by theorems of approximating to a common xed point for generalized asymptotically nonexpansive mappings and asymptotically nonexpansive mappings in Banach spaces by using a new iteration, and to give the necessary and sufficient conditions of the strong convergence of the new iteration. As one will see, we modify some aw in the results of Thakur [11] and relax the restriction on n with 1 lim sup n n in [8, 11] . Moreover, the method of the proof is different from theirs.
Preliminaries
Let X be a Banach space, Y X and x X , then we denote ( , ) :
, is said to satisfy: 
Main results
Throughout this section, we assume that K a nonempty closed convex subset of X with K+K K. ). Consequently, we have [11] . Furthermore, the conditions of sequences n and n be di erent from that of [11] . If we take 0 n for all 1 n , we obtain the corresponding results in [10] .
